Higher-order finite element basis functions have been implemented for numerical solutions of the Landau-Lifshitz-Gilbert (LLG) equations. The results by using quadratic basis functions (QBFs) are significantly more accurate compared to those via linear basis functions (LBFs). A new "box method" is proposed to calculate the Laplacian with the used QBFs. The error in evaluating the exchange field that is expanded in terms of QBFs is shown to decrease with the mesh density increase. It implies that improved accuracy can be obtained by increasing the mesh density. Numerical examples demonstrate the performance of the method for simple test cases and a complete micromagnetic solver. 
